The expression and calculation of transmission loss (TL) play key roles for solving the power system economic dispatch (ED) problem. ED including TL must compute the total TL and incremental transmission loss (ITL) by executing power flow equations. However, solving the power flow equations is time-consuming and may result in divergence by the iteration procedure. This approach is unsuitable for real-time ED in practical power systems. To avoid solving nonlinear power flow equations, most power companies continue to adopt the TL formula in ED. Traditional loss formulas are composed of network parameters and in terms of the generator's real power outputs. These formulas are derived by several assumptions, but these basic assumptions sacrifice accuracy. In this study, a new expression for the loss formula is proposed to improve the shortcomings of traditional loss formulas. The coefficients in the new loss formula can be obtained by recording the power losses according to varying real and reactive power outputs without any assumptions. The simultaneous equations of the second-order expansion of the Taylor series are then established. Finally, the corresponding coefficients can be calculated by solving the simultaneous equations. These new coefficients can be used in optimal real and reactive power dispatch problems. The proposed approach is tested by IEEE 14-bus and 30-bus systems, and the results are compared with those obtained from the traditional B coefficient method and the load flow method. The numerical results show that the proposed new loss formula for ED can hold high accuracy for different loading conditions and is very suitable for real-time applications.
Introduction
The economic dispatch (ED) problem [1] [2] [3] [4] [5] in a modern power system involves allocating the output power of each generator to minimize the total cost of the power generation satisfying load demand and transmission loss (TL) under the constraints of the generators' limits, line congestion, emission, renewable energy resources, and demand response. In a large interconnected power system, power is transmitted over long distances to distribution systems; consequently, TL is the dominating factor in power system ED. In determining the economic power dispatch to satisfy the load demand between the generators, the total TL of the system can be expressed in terms of the real power output of each generator. The simplified ED in a short transmission distance and high load-density power system can ignore the TL so that the computation model is simple and only uses the equal incremental cost equation [6] to obtain the best allocation. However, this solution is not optimal because TL is truly constant as they vary with load demand. The B coefficients can be obtained by the traditional loss coefficient formula expressed as Equation (1) , which is proposed by Kron and widely adopted. 
where B ij is the ijth element of the loss coefficient square matrix, B oi is the ith element of the loss coefficient vector, and B 00 is the loss coefficient constant. P L is the TL, P G i is the real power output of the ith generating unit, and NG is the number of generating units. The derivation of the traditional loss coefficient formula is based on the four following basic assumptions [28] :
(1) The power factor at each generator bus remains constant, i.e., P G i / S G i is fixed. The coefficients will lose significant accuracy when assumptions used in deriving the loss formula are violated. The coefficients of the polynomial equation of the loss are determined by power flow solutions. The accuracy of TL calculated by the B coefficient method is not good compared with the power loss solution, which is computed by power flow equations, because of the practical system topology and varying load demand. However, the time cost and convergence problems are addressed. This situation exhibits the trade-off problem between computational complexity and accuracy. The accuracy of ED depends on the exact coefficients of the loss formula. Consequently, a new loss formula expression is proposed in this study along with the method to determine the corresponding coefficients for ED in power systems, such as transmission-level power systems, distribution systems interconnected with distributed energy resources, and microgrids.
This method entails regarding the power system as a micro view of a simplified system around the base case operating point. This simplified system can be expressed by the second-order Taylor series expression on the base case point. The coefficients of the first-and second-order derivative terms can be obtained by solving the simultaneous equations via varying the generating units' outputs. In addition, the proposed new loss formula is distinct from other loss formulas in previous studies, because the former is a function of real and reactive power generations of each generating unit. The method of deriving the coefficients is as described above, such that the real and reactive power generations will be changed M times at the same time in which M is the total unknown number of coefficients. The derivations of the corresponding real power, reactive power, and TL will then be recorded. Finally, the loss coefficient will be solved by these simultaneous equations. Finally, the accuracy of the loss coefficient is tested in an IEEE 14-bus standard system. The loss coefficient is obtained for the economic operation of scheduling. In this study, the IEEE 14-bus and 30-bus test systems are used as example systems for validating the proposed formula and the corresponding coefficients and solving the ED problem. The detailed derivation procedure is described in the following section.
Derivation of New Loss Formulas and Its Application to Economic Dispatch

Derivation of New Loss Formula
A power system consists of generation units, transmission and distribution networks, and loads. It is a highly complex interconnected system. The power flow equations describing the state of the system are nonlinear equations composed of bus voltage, admittance, and real and reactive power. The state variables of the entire power system are the voltage magnitude and the phase angle of each Energies 2018, 11, 417 4 of 19 bus, i.e., V i , δ i . The control input variable is the real and reactive power outputs of each generating unit, that is, P G i and Q G i . The TL (P L ) and load demand (P D i and Q D i ) of each load bus can be considered as the output variables. If we obtain the impact coefficients of the control variables of real power output on the TL, then the reactive power output can remain unchanged. Only the real power output of each generating unit needs to be adjusted to obtain the TL.
To find the relation between the deviation of real power generation and TL, the quadratic Taylor series expansion will be adopted and the higher-order terms (HOT) above the second order can be ignored, which leads to the following expression:
where ∆P L is the TL deviation and ∆P G i is the real power output deviation of ith generating unit. To derive the solutions of all the sub-terms in Equation (2), the real power output can be changed by M times, where M is the number of all unknown coefficients. From the Taylor series expansion above, we can find many differential terms that are exactly the same, such as:
so that M may be obtained as follows:
If the differential terms
can be obtained, then the TL deviation formula can be expressed by
Therefore, the TL formula can be expressed by the base case operating point plus the deviation of real power output, as shown in Equation (6) .
This equation is the incremental loss model, where P 0 L represents the TL of the base case operating point. Similar to Kron's loss formula, the TL can be expressed as
Given that the Taylor series is expanded on the base case of TL, the deviation of real power output can be replaced by any real power output minus the base case power output. Equation (7) can be furthermore expressed as Although similar to Kron's formula, this equation is based on the incremental model and is thus actually different. To obtain the values of B i and B ij , the real power output must be changed by M times.
In this study, a novel loss formula considering both real and reactive power outputs is proposed. If the real and reactive power outputs are control variables, and the TL is the output variable, then the incremental model of the power system can be illustrated in Figure 1 . According to this model and the Taylor series expression of real and reactive power outputs to second-order differential terms, the loss formula can be obtained. The incremental loss formula is shown in Equation (9) , and the TL formula with incremental TL can be expressed as Equation (10) . In this study, a novel loss formula considering both real and reactive power outputs is proposed. If the real and reactive power outputs are control variables, and the TL is the output variable, then the incremental model of the power system can be illustrated in Figure 1 . According to this model and the Taylor series expression of real and reactive power outputs to second-order differential terms, the loss formula can be obtained. The incremental loss formula is shown in Equation (9) , and the TL formula with incremental TL can be expressed as Equation (10). 
Power System Regarded as a Nonlinear Plant 
TL Formula Considering Real Power Output
In this section, based on Equation (8), similar to the traditional loss formula, the incremental loss model considering only real power output can be expressed as
In Equation (11), the simultaneous equations must be solved to find the unknown coefficients. In this study, the IEEE 14-bus system is employed as an example to explain the procedure of determining the loss coefficients. First, the base case solutions of TL and real power outputs, i.e., 
In Equation (11), the simultaneous equations must be solved to find the unknown coefficients. In this study, the IEEE 14-bus system is employed as an example to explain the procedure of determining the loss coefficients. First, the base case solutions of TL and real power outputs, i.e., P 0 L , P 0
, and P 0 G 3 , can be solved by power flow equations. Then, the real power output of each generating unit within ±20% variation is changed, executing the power flow program to calculate the new TL and real power outputs, i.e., P (n)
, and P
. Eventually, the base case value is subtracted from the new value to obtain the incremental loss and incremental power outputs, i.e., ∆P L and ∆P G . The computing procedure of loss coefficients mentioned above can be represented by Equations (12)- (15) .
is the M × M power output deviation matrix, and [B] is the M × 1 TL coefficients matrix that is arranged in order of the first and second derivatives. Equation (15) can be solved using an inverse matrix as shown in Equation (16) .
TL Formula Considering Real and Reactive Power Outputs
In this section, based on Equation (8), both real and reactive power outputs are considered in the new loss formula. Therefore, the incremental loss formula is composed of both real and reactive power outputs, and the incremental loss formula can be expressed by Equation (17) .
where B and C represent the real and reactive power loss coefficients, respectively. To solve the TL equations consisting of real and reactive power outputs, the simultaneous equations with an equal number of unknown coefficients must be found, and these equations must be solved to obtain the coefficients. For example, in the IEEE 14-bus system, the base case solutions of TL and real and reactive power outputs, i.e., P 0 L , P 0
, and Q 0
, can be solved by using power flow equations and then changing the real and reactive power outputs of each generating unit within ±20% variation. The new TL and real and reactive power outputs, i.e., P (n)
, are calculated. Finally, the base case value is substracted from the new value to obtain the incremental loss and incremental power outputs, i.e., ∆P L and ∆S G . The computing procedure of the new loss coefficients mentioned above can be expressed by Equations (18)- (21) .
In Equation (21),
is the M 1 × M 1 real and reactive power output deviation matrix, and [D] is the M 1 × 1 new TL coefficients matrix, which is composed of B and C coefficients, and it is arranged in order of the first and second derivatives. Equation (21) can be solved using an inverse matrix as shown in Equation (22) . This new TL formula and the corresponding coefficients can be used not only in real power dispatch but also in reactive power dispatch. Although not considered in ED for practical power systems, reactive power can be applied to volt-ampere reactive compensation (VAR) compensation(volt-ampere reactive compensation) or voltage stability by dispatching it in emergency conditions, and the increasing current caused by reactive power flow will result in TL.
In summary, Figure 2 shows the computing procedure of the new loss coefficients for ED.
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Calculate real and reactive power outputs and TL under base case operating point by power flow equations For real power dispatch For complex power dispatch
Change real power outputs of each generating unit to calculate the new TL and real power outputs, and then subtract the base case value from the new value to obtain the ITL and incremental real power outputs.
Change real and reactive power outputs of each generating unit to calculate the new TL and real and reactive power outputs, and then subtract the base case value from the new value to obtain the ITL and incremental power outputs.
Use Equation (16) to obtain B coefficients Use Equation (22) to obtain B and C coefficients 
Economic Dispatch Based on New Loss Formula
The objective function of the ED can be expressed as
subject to
where ƒ i and P Gi are the cost function and real power output of the ith generating unit, respectively; P Di represents the real power demand at load bus i; P L is the TL; P m is the real power flow in the ith transmission line; and NB represents the number of buses. Using the Lagrange multiplier and adding equality constraints, we can rewrite the optimal problem of ED as follows:
We let partial L to real power output (P G i ) and lambda (λ) be 0, respectively. The two following equations can be obtained:
In Equation (28) , ∂P L /∂P Gi is the ITL; Equation (28) can be expressed as
Rearranging Equation (30) , Equation (31) can be derived:
where PF i is the penalty factor and equals 1/(1 − ITL i ). Substituting P G i from Equation (31) in Equation (29) results in Equation (32) . This equation is used to check the power balances in each iteration.
To obtain the ITL i and PF i in terms of the proposed new TL formula and the corresponding coefficients, partial TL to P G i as
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On the basis of Equations (29) and (30), we observe that the solution kernel of ED depends on the rapid calculation of ITL i and P L , and the P L is computed by the proposed new loss formula with the loss coefficients to rapidly compute ITL i and PF i .
Extending Equations (29) and (30) results in (NG + 1) simultaneous nonlinear equations in a matrix form as follows:
Equation (34) can be solved by the Newton-based algorithm, where ∂F/∂P G , ∂F/∂λ, ∂F NG+1 /∂P G , and ∂F NG+1 /∂λ are the sub-matrices of a Jacobian matrix. This new loss formula for the ED process is described as follows:
Step 1: Input the required data for ED, i.e., bus data, line data, and cost function of the generating unit.
Step 2: Calculate TL coefficients by the proposed computing procedure: (a) using Equation (16) to obtain the B coefficients; and (b) using Equation (22) to obtain the B and C coefficients.
Step 3: Set initial value of lambda, and calculate power output of each generating unit by Equation (31).
Step 4: Calculate TL and ITL by Equations (17) and (33), respectively.
Step 5: Compute ∆F by summing load demand to TL, then subtracting total power generation, and finally executing the Newton-Raphson algorithm to compute ∆P G and ∆λ by Equation (34).
Step 6: Update P G and λ by P new
Step 7: Check for convergence by examining whether ∆P G and ∆λ are smaller than the tolerance ε; if convergence exists, then terminate the iterative process and go to Step 8. Otherwise, go to
Step 4 to continue the iterative process until convergence.
Step 8: Print out the ED results. This process can be described by the flow chart shown in Figure 3 . Set initial value of lamda, and calculate power output of each generating unit by Equation (31) .
Calculate TL and ITL by Equations (17) and (33), respectively.
Calculate TL coefficients by the proposed computing procedure: (a) For real power dispatch: using Equation (16) to obtain B coefficients; (b)For complex power dispatch: using Equation (22) to obtain B and C coefficients.
Compute ∆F by summing load demand to TL and then minus total power generation, and then execute Newton-Raphson algorithm to compute ∆PG and ∆λ by Equation (34) . 
Discussion of the Simulation Results
In this study, the proposed new TL formula, along with its corresponding coefficients, for ED is coded in the Matlab environment to develop an ED program, which is composed of two functions. One is for calculating the new loss coefficients that are composed of B and C coefficients. The other is for the optimal dispatch of each generating unit to minimize the total cost of the power generation 
In this study, the proposed new TL formula, along with its corresponding coefficients, for ED is coded in the Matlab environment to develop an ED program, which is composed of two functions. One is for calculating the new loss coefficients that are composed of B and C coefficients. The other is for the optimal dispatch of each generating unit to minimize the total cost of the power generation satisfying load demand and TL. In this paper, the Newton-Raphson method is used for solving the power flow equations in the traditional power flow-based ED (TPF-ED), and the TPF-ED is the exact solution in ED problem; however, it is based on the correct input data for the power flow calculation; thus, measurement device placement algorithms [29] [30] [31] are able to overcome the uncertainties of field data and network parameters for power flow calculation in practical applications. The IEEE 14-bus and 30-bus test systems are employed as sample systems to verify the accuracy and effectiveness of the proposed loss model as shown in Figures 4 and 5 , respectively. These two systems are interconnected transmission networks, and each load bus represents the incoming high-voltage side of the distribution system; besides this, three generating units are considered in IEEE 14-bus test system, and six generating units are considered in IEEE 30-bus test system. The essential parameters such as line data, bus data, generator cost function, and traditional B coefficients for solving ED and power flow refer to the test systems [32] . In the following simulation scenarios, the load change is assumed to be within ±20%. This assumption is based on the daily load curve on 26 December 2017 of the Taipower system [33] . As shown in Figure 6 , the peak load is 28.32 GW, the off-peak load is 20.11 GW, and the average load is 24.22 GW. Therefore, the load change from the average load is around ±17%. The numerical simulation results are discussed in detail in the following subsections. 
Numerical Results of the New Loss Coefficients
In this section, the proposed new loss formula and the corresponding B and C coefficients are obtained by the computing procedure using Equation (22) described in Section 3.3. The numerical resets of the IEEE 14-bus and 30-bus test systems are shown in Tables 1 and 2 , respectively. We refer to Kron's loss formula, as shown in Equation (35). 
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In this section, the proposed new loss formula and the corresponding B and C coefficients are obtained by the computing procedure using Equation (22) Tables 1 and 2 , respectively. We refer to Kron's loss formula, as shown in Equation (35).
The traditional B coefficients are shown as follows [34] : 
Given that the proposed new TL formula, as shown in Equation (10), differs from Kron's loss formula, the coefficients are distinct. In particular, the C coefficients do not exist in Kron's loss formula. The new loss coefficients in this study are derived by the incremental loss model and solved using Equation (22); therefore, there is no constant coefficient B 0 in Equation (22) . However, according to Equation (10) , the constant coefficient B 0 can be calculated by power flow equations under the base case operating point, i.e., P 0 L . The obtained new B coefficients are used to calculate the TL and ITL for ED in the following section. Table 1 . New Loss Coefficients of the IEEE 14-bus system.
IEEE 14-Bus System
B Coefficients
Value C Coefficients Value
−0.054144950
0.008313448
0.002088989
−0.005324837
0.009819698
0.001901216
0.027155199 
Simulation Results of ED by New Loss Coefficients
IEEE 14-Bus System
In this subsection, the numerical results of the four scenarios, i.e., base case system demand, conforming system demand changing by ±20%, and nonconforming system demand change, for the IEEE 14-bus system are used to verify the accuracy of the proposed approach. This system is composed of 14 buses, 3 generators, and 19 transmission lines. The simulation results are discussed as follows. Table 3 shows the ED simulation results compared with the traditional ED and loss coefficient ED of the IEEE 14-bus system under a base case system demand condition. The numerical results under this load condition show that the percentage errors or differences of real power outputs, cost, TL, and λ are approximately zero, indicating that the simulation results of the new loss coefficient ED (NLC-ED) is nearly closed to the TPF-ED. The numerical results (Table 3) demonstrate that the proposed new TL formula and the new loss coefficients for ED exhibit high accuracy and effectiveness. The numerical results of conforming system demand increased and decreased by 20% are shown in Tables 4 and 5 , respectively. These two conforming system demand changing scenarios confirm the basic assumption of the derivation procedure of traditional B coefficients. Under the conforming system demand increased by 20% condition, the maximum real power output percentage error at bus 6 of the proposed NLC-ED is 4.171%, and the cost percentage error of the proposed NLC-ED is around 1%. Besides this, the λ percentage error of the proposed NLC-ED is 0.281%, and it is better that that of the TBC-ED. It is worthy to note that the percentage error of TL of the proposed NLC-ED is higher than that of the TBC-ED. Similarly, in the conforming system demand decreased by 20 % condition, the cost percentage error of the proposed NLC-ED is 0.098%; furthermore, the maximum percentage error of the real power output, TL, and λ are lower than those of the TBC-ED. This outcome means that the proposed new TL formula and the new loss coefficients for ED remain accurate under conforming system demand changing conditions. Moreover, we listed the percentage of nonconforming changes in system demand in Table 6 to reflect the characteristics of changes in system demand for practical systems, and the numerical results of ED are shown in Table 7 . The maximum real power output percentage error of the proposed NLC-ED is less than 2%, and the cost percentage error of the proposed NLC-ED is around 0.4%; however, this error is slightly higher than that of the TBC-ED, and it is similar to the result of TL. Generally, the simulation results illustrate that the proposed NLC-ED can also solve random load demand changes. In addition, the computing time (Table 8 ) of the TPF-ED is roughly 7.52 times that of the proposed NLC-ED, and the computing time of the proposed NLC-ED is better than that of the traditional B coefficient ED (TBC-ED). Moreover, from the above numerical results, the proposed NLC-ED is superior to the TBC-ED. As in Section 4.2.1, the simulation results of the IEEE 30-bus system are also used to verify the accuracy of the proposed NLC-ED. This system is composed of 14 buses, 6 generators, and 41 transmission lines. The simulation results are discussed as follows.
The ED simulation results compared with traditional ED and new loss coefficients of the IEEE 30-bus system under the base case system demand condition are listed in Table 9 . Under the base case condition, the numerical results illustrate that the percentage errors of real power outputs, cost, TL, and λ are nearly 0%. The simulation results are similar to that of the IEEE 14-bus system. Therefore, the NLC-ED is nearly closed to the TPF-ED. Similarly, the outcomes demonstrate that the proposed NLC-ED is superior to the TBC-ED. The numerical results also illustrate that the proposed new TL formula and the new loss coefficients for ED are accurate and effective in a larger-scale power system. Tables 10 and 11 list the numerical results of conforming system demand increased and decreased by 20%, respectively. Under the conforming system demand increased by 20% condition, the maximum real power output percentage error of the proposed NLC-ED is around 10%, and the cost percentage error of the proposed NLC-ED is only 0.006%. Under the conforming system demand decreased by 20 % condition, the maximum real power output percentage error of the proposed NLC-ED is around 15%, and the cost percentage error of the proposed NLC-ED is only 0.353%; however, the cost percentage error of the TBC-ED is just 0.089%. Besides this, the percentage error of TL of the proposed NLC-ED is higher than that of the TBC-ED. Although the dispatch of real power outputs shows a few differences and the TL illustrates larger difference between the TPF-ED and the proposed NLC-ED, the costs between them are almost the same. Consequently, the proposed new TL formula and the new loss coefficients for ED exhibit high accuracy and effectiveness under conforming system demand changing conditions. In addition, the percentage of nonconforming changes in system demand are listed in Table 12 , and the numerical results of ED are presented in Table 13 . The maximum real power output percentage error of the proposed NLC-ED is around 3.2%, and it is better that that of the TBC-ED; nevertheless, the percentage error of TL of the proposed NLC-ED is slightly higher than that of TBC-ED. Additionally, the cost percentage error of the proposed NLC-ED is nearly 0.05%, and it is better than that of the TBC-ED. Moreover, the computing time (Table 14) of the proposed TPF-ED is also approximately 20 times of the NLC-ED, and the computing time of the four scenarios listed in Table 14 of the proposed NLC-ED is better than that of the TBC-ED. The outcomes are similar to those of the IEEE 14-bus system, and these numerical results lead to the conclusion that the proposed NLC-ED can also solve random load demand changes. 
Discussions
To sum up, this study develops a new TL formula, which is composed of TL on the base case operating point plus an ITL model for ED in power systems. The numerical results indicate that the performance of the proposed NLC-ED for ED in power systems is superior to that of TPF-ED and TBC-ED. The results of the optimal dispatch of each generating unit of NLC-ED is close to those of TPF-ED. For instance, in the IEEE 14-bus system, the maximum real power output percentage error of the proposed NLC-ED is less than 5%, and this result is much better than that of TBC-ED, whose percentage error is around 30%. In addition, the maximum cost percentage error is only around 1%. Although the maximum real power output percentage error of the proposed NLC-ED is up to 15% in the IEEE 30-bus system, the maximum cost percentage error is less than 0.36%. Moreover, the computing time of the proposed NLC-ED is the least among others. The results of TL by NLC-ED are not that accurate compared to the TPF-ED due to the assumption that the bus voltages keep rated voltage, i.e., 1.0 pu, during the formula derivation procedure; therefore, it caused the real power output of each generating unit to be different between the proposed NLC-ED and TPF-ED. These results lead to the conclusion that the proposed NLC-ED is an effective and feasible approach for security-constrained ED. In practical applications, great error in real power output occurs for large changes in system load demand. If the degree of error is unacceptable, then the base case power flow must be executed again to ensure an acceptable solution. In this study, we simulated changes of 20% in system demand from the base case, and the degree of error is acceptable.
Conclusions
In this study, a new loss formula considering real and reactive power outputs is proposed to calculate TL and ITL for ED in power systems. The new loss coefficients, B and C coefficients, can be derived by the developed coefficient computing procedure in any power system. More than one set of the proposed loss coefficients can be established according to a day-ahead predictive daily load curve in advance for ED in practical power systems. Although the C coefficients are not necessarily used in the optimal real power dispatch, they can be used in reactive power dispatch in related studies in the near future. The proposed approach is tested with IEEE 14-bus and 30-bus systems, and the numerical results are compared with those obtained from the traditional B coefficient method and the load flow method. The numerical results demonstrate that the performance of the proposed new loss formula for ED is superior to that of the traditional B coefficient method and the load flow method. Applying the new loss formula and the loss coefficients in ED can overcome the problems of complicated and time-consuming iteration in the solution procedure of TPF-ED. Moreover, the proposed approach shows high accuracy and fast computing advantages compared with Kron's loss formula and B coefficients. The proposed formula is suitable for real-time security-constrained ED applications in modern power systems interconnected with distributed energy resources by the Lagrange Multiplier method and other artificial intelligence algorithms without convergence risk.
